A construction of the star product on a Poisson manifold. 
[x i , x j ] = ω ij (x).(1)
LetÃ = A[[t]]
] be the space of formal power series in a variable t with coefficients in A = C ∞ (X). A star product is a bilinear associative product onÃ, defined for f, g ∈ A by
where c k (f, g) are bidifferential operators. The star product is a basic object of the deformation quantization [1] . A scheme for construction of the star product on an arbitrary Poisson manifold was found by Kontsevich [2] . For symplectic Poisson manifolds one can also use Fedosov's construction of deformation quantization [3] .
The star product for linear Poisson structures can be derived from the Campbell-Baker-Hausdorff (CBH) formula [4] . It is different from Kontsevich's product being a part of the last one.
The aim of this paper is to obtain a new formula for the star product on an arbitrary Poisson manifold.
The phase variables x i generate an infinite-dimensional Lie algebra with respect to the Poisson bracket (1) .In the corresponding Lie group the product is given by the CBH formula. It is not difficult to extend this product onÃ. It turns out that it is exactly the star product. In the case of linear Poisson structures this star product coincides with that of ref. [4] .
Let us define the product • e α·x • e β·x = e Ht(α·x,β·x) .
Here α·x = α i x i , α i are numbers and H t (α·x, β ·x) is given by the CampbellBaker-Hausdorff series (see e.g. [5] )
Using equations (4) 
Here
The variables x i generate an infinite-dimensional Lie algebra L(X) with respect to the Poisson bracket .Elements of this algebra are Lie polynoms in
Being algebraic this relation takes place formally in any Lie algebra. In L(X) one can write
From this it follows
Let us define the product
It is easy to see that
Hence
The product (7) can be written in the forms
The associativity of ⋆ follows from equation (6):
Using the definition of ⋆ and equation (5) one gets
Computations show that
where ∂ i = ∂/∂x i . This result means that modulo O(t 3 ) equation (10) is a part of Kontsevich's formula [2] .
Equations (9), (10) and (11) tell us that ⋆ is a star product.It determines a deformation quantization of the Poisson bracket (1) .
For the Poisson bracket with constant ω
In this case equation (10) reproduces the Grönewold-Moyal product
One can obtain an integral realization of the star product
As an example let us compute x i ⋆ e γ·x and e γ·x ⋆ x i . The linear parts of H t (α · x, β · x) in α and β are given by
H t (α · x, β · x) = α · x + −t ad α · x e −t ad α·x − 1 β · x + O(β 2 ).
Using equations (3) and (8) 
